Abstract. Let T be a positive operator on a Banach lattice E. Some properties of Weyl essential spectrum σew(T ), in particular, the equality σew(T ) = 
0≤K∈K(E)

σ(T + K), where K(E) is the set of all compact operators on E, are established. If r(T ) does not belong to Fredholm essential spectrum σ ef (T ), then r(T ) ∈ σ(T + a|T−1|) for every a = 0, where T−1 is a residue of the resolvent R(., T ) at r(T ). The new conditions for which r(T ) ∈
is Lozanovsky's essential spectrum, will be considered. Lozanovsky's order essential spectrum is introduced. A number of auxiliary results are proved. Among them the following generalization of Nikol'sky's theorem: if T is an operator of index zero, then T = R + K, where R is invertible, K ≥ 0 is of finite rank. Under the natural assumptions (one of them is r(T ) ∈ σ ef (T )) a theorem about the Frobenius normal form is proved: there exist T -invariant
Introduction
This note is a continuation of research which was begun by the author in the note [4] and is devoted to special subsets of the spectrum of a positive operator T on some Banach lattice E.
Let Z be a Banach space, T be an (linear, bounded) operator on Z. As usual, the spectrum of an operator T will be denoted by σ(T ). Recall that the Fredholm 4 E. A. Alekhno Positivity essential spectrum of an operator T is the set
and the Weyl essential spectrum is the set
where K(Z) and F(Z) are sets of all compact operators and of all finite-rank operators on Z, respectively. In the case, when E is a Banach lattice, T is an operator on E, we define [4]
and when T is a positive operator
σ(T − Q).
It will be show below that the equality σ + ew (T ) = σ ew (T ) always holds hence, if the spectral radius r(T ) ∈ σ ef (T ), then there exists a compact operator K ≥ 0 such that r(T ) ∈ σ(T +K). The question about the concrete operators K satisfying the last relation, will be considered. The discussion of the question when r(T ) ∈ σ ef (T ) implies r(T ) ∈ σ − ew (T ), will be continued. The conditions such that the inclusion σ ew (T ) ⊆ σ el (T ) is true, will be given. Two auxiliary results which are of independent interest, will be proved. Namely, an analog for the case of a Banach lattice of the classical Nikol'sky's theorem and a theorem about the Frobenius normal form of a positive operator.
For terminology, notions, and properties on the theory of Banach lattices and operators on them not explained or proved in this note, we refer to [2, 5] ; see also [9, 11] . Throughout the note, unless otherwise stated, a Banach lattice E will be assumed to be complex and infinite dimensional and an operator T on E will be assumed linear and bounded.
Auxiliary results
Nikol'sky's theorem for the case of a Banach lattice
Nikol'sky's theorem [10] asserts that an operator T on a Banach space Z is a Fredholm operator of index zero iff T = R + K, where the operator R is invertible and K is a finite-rank operator. For an operators on a Banach lattice this result can be made more precisely (Theorem 3 below). We need the next lemma. Lemma 1. Let R be an invertible operator on a Banach space Z, K ∈ K(Z), λ ∈ C. Then there exists an invertible operator R 1 and a number a ≥ 0 such that R + λK = R 1 + aK.
